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A market is considered, the demand side of which consists of a large number
of consumers with identical tastes but different income levels, and the supply side,
of two firms selling at no cost products which are relatively close substitutes for
each other. Consumers are assumed to make indivisible and mutually exclusive
purchases. A full characterization of the demand structure and the non cooperative
market solution is given, and the dependence of the latter on income distribution
and quality parameters is analyzed.
1. A HEURISTIC

INTRODUCTION

In this paper we consider a market the demand side of which consists of a
large number of consumers with identical tastes but different income levels,
and the supply side of two firms selling at no cost products which are relatively
close substitutes for each other. Consumers are assumed to make indivisible
and mutually exclusive purchases. Accordingly, consumers choice operates
on a finite number of “price-quality” alternatives made available to them by
the firms competing in the industry. Doing so, we try to capture an important
fact of real life: in many economic decisions, it seems that the quality component of the choice bears as much on the outcome of the choice as its
quantity component. Sometimes, it even happens that only the quality
component plays a role: this is necessarily the case if the choice of a consumer
concerns indivisible products which, by their very nature, are either bought
in a single unit of a single brand, or not bought at all. So are cars, TV’s,
washing machines, stereo chains, pianos, a.s.o.
To illustrate the issues analyzed in this paper, let us consider the apology
of Mr. Smith who contemplates the opportunity of buying a new piano. The
relevant question for him is not how many pianos to buy but rather whether
he should buy a piano and, if yes, whether it should be a piano of brand A
or a piano of brand B. Assume that Mr. Smith definitely ranks a piano of
brand A higher than a piano of brand B and let pa and pB be the prices of,
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We first consider (2.5) and (2.6). For the proof we have to show:
I*.A(PA , PB) = 1 - ~(PA , PB) and PB(PA , PB)
=

~(PA , pB) - ~B(P~) for (pA , PB) E %
I i(PA 3PB)
for (pA , PB) E g2 .

The steps of the proof are as follows. First, ta , tB and t are all in [0, I[, for
otherwise ~l;a or pB would be equal to zero, a contradiction to the fact that
(pA , pB) E LB1U gZ . Second, tB < t without which pB would be equal to
zero, which also contradicts (pa , pB) E ~3~ u BZ . Third, tA < i. Suppose on
the contrary t < tA . Then we have
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However t > tg amounts to
UAPA
VA

UAPA
-

Given that Z > tg we thus arrive at a contradiction. Fourth, tB > 0 if
(PA , pg) E CZP1
. Indeed, assuming tg < 0 would imply pg = Z and, consequently, PA + pg = 1 which contradicts (pa , pg) E LB1. Fifth, and last,
tg < 0 when (PA , pg) E gZ . Indeed, with tB > 0 we would have j.~~ + pg =
1 - tB < 1, a contradiction. Given the above inequalities, it is then easy to
obtain cc~ and pg .
tit us now prove (2.7). As pg = 0, we have tA c tB so that pA = 1 - tA
and (2.7) follows.
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